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Abstract. Influence of real and modelled imperfections on natural frequencies and modes of reservoir shell parametric
vibrations excited by axial load and on the shell stability loss was investigated. The finite element models of the shell was
formed by software NASTRAN. The modelled shape imperfections as a lower buckling form of perfect shell under static
pressure were presented. The real imperfections as the deviations of the shell wall from the vertical were obtained by theodolite
surveying. The natural frequencies and modes of the imperfect shell taking into account the its previous stress state from action
of the constant component of the parametric load were received by the Lanczos method.

Keywords: shell, shape imperfections, parametric load, finite-element method, modal analysis.

Introduction. Development of software led to intensive creation of the numeral methods for the
decision of static and dynamic problems of the thin shells [1-7]. Software on the basis of the finite
element method MSC.NASTRAN [8] is known in the world engineering design. The methods of
building mechanics and mathematical physics, which are realized in this software, wide possibilities of
computer simulation of different dynamic processes are opened. The finite element model of the shell
has an infinite number of freedom degrees and natural frequencies, so solving the dynamics problem is
difficult. If behavior of natural vibrations of the shell was researched, it is possible to talk about shell
internal properties which take a great place at the forced vibrations including parametric one [9-14]. It
is important to take into account influence of the constant component of parametric load on natural
frequencies and modes of shell. Numeral approach to forming of reduced model of parametric
vibrations of elastic shells with shape imperfections was presented in the articles [10-11]. This
approach on the basis of finite element method with using of computational procedures of NASTRAN
software and special program was applied to modeling of the imperfections of different forms and
amplitudes. Nowadays forming of an effective model of parametric vibrations of the shell with shape
imperfections and choice of the most dangerous imperfections model of the thin shell remain relevant
[15]. The influence of real and modelled imperfections on natural frequencies and modes of reservoir
shell parametric vibrations excited by axial load in this article was investigated.

1. Finite element models of reservoir shell. The reservoir was presented as thin-walled cylindrical
shell with a height 5,96 m and a diameter 6,63 m. Reservoir wall was welded from rolled sheets with a
thick 4 =0,005m. Steel had mechanical characteristics: E= 2,06:10"' Pa, G= 0,792:10" Pa,
p =7850 kg/m’, u = 0,3. The finite element models of reservoir shell without and with imperfections

using the software NASTRAN [8] were formed (Fig. 1).

The perfect shell (Fig. 1 (a)) and unperfected shells were modelled by the sets of flat rectangular
shell finite elements with six degrees of freedom at the node in the cylindrical coordinate system.
Every shell model contained 1400 elements and 1470 nodes. The reservoir shell with shape
imperfections in the form the first bifurcation buckling mode of perfect shell under uniform pressure
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(Fig. 1, b) was modelled. This model of the shape imperfections was adopted due to the fact that the
reservoir was loaded with fuel for a long time. Real imperfections (Fig. 1 (c)) as the deviations from
the vertical were obtained by theodolite surveying [16]. The restrictions of the radial and tangential
displacements of the nodes of the shell upper edge were subjected, the nodes of the shell lower edge
were fixed. Axial load in the form of concentrated forces on the shell supper edge nodes was applied.
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Fig. 1. The reservoir shell models without shape imperfections (a), with modelled (b) and real (c) ones
2. Modal analysis of reservoir shell. Modal analysis of the shell models were solved by the Lanczos

method (Normal Modes) [8]. The first ten natural modes of all models were the same and were
presented in Fig. 2.
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Fig. 2. The first ten natural modes of reservoir shell

The first ten natural frequencies and the number of half-waves in the circular and longitudinal
directions of reservoir shell models were showed in Tab. 1.

Table 1
Natural frequencies v;, Hz / the number of half-waves in the circular and
Reservoir shell models longitudinal directions

Vi) Vi) Vs(6) Vi) Vo(10)
without imperfections 15,8295 16,1276 16,6184 17,7830 18,2285
9,1) 9,1) (11,1) (8,1) (12,1)
with modelled 15,8267 16,1245 16,6130 17,7793 18,2255
imperfections & =0,2h (10,1) 9.1 (11,1) (8,1) (12,1)
with modelled 15,7593 16,0481 16,6190 17,6788 18,1576
imperfections 6 =h (10,1) 9,1) (11,1) 8,1) (12,1)
with real imperfections 15,8295 16,1275 16,6188 17,7831 18,2288
(10,1) 9,1) (11,1) (8,1) (12,1)

Values of the first ten natural frequencies of all shell models (Tab. 1) differed so slightly with
exception of the natural frequencies of the shell with amplitude imperfections 6 =/ . Natural modes of
all shell models with exception of the first natural modes of the perfect shell model had the same
number of half-waves in the circular direction and one half-wave in the longitudinal one.
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3. Natural frequencies and modes of parametric vibrations of reservoir shell. On the firth step
of this investigation the static stress analysis of reservoir shell without and with shape imperfections

under constant component of parametric load z, = [1 - 400] kN was executed by the Newton-Raphson

method (Nonlinear Static). Then the first ten natural frequencies and modes of shell taking into
account the previous stress state were received by the Lanczos method (Param Normal Modes) [8].
The first ten natural frequencies V; of the perfect shell were showed in Tab. 2. The natural frequencies
dependence of reservoir shell without imperfections on the constant component of the parametric load
z, was showed in Fig. 3.

Table 2

2 Natural frequencies of parametric vibrations of reservoir shell without imperfections v,, Hz
kN Vi) Vi) Vs(6) V(8 Vo0

1 15,8341 16,1342 16,6211 17,7910 18,2300

10 15,6677 15,9682 15,7660 17,6389 18,0924

50 14,9000 15,2049 15,7582 16,9441 17,4602
100 13,8680 14,1835 14,7931 16,0279 16,6153
150 12,7306 13,0691 13,7375 15,0487 15,6867
200 11,4501 11,8322 12,5463 13,9821 14,6269
250 9,9593 10,4249 11,1460 12,8376 13,3252
300 8,1205 8,7584 9,3726 11,4385 11,5540
320 7,2161 7,9772 8,4693 10,3085 10,9808
330 4,4476 6,7170 7,5000 7,9810 9,6188
342 -79,6614 6,1632 7,1101 7,3834 8,7955
350 5,5449 6,6273 6,7270 7,8147 8,6663
380 -2,4753 2,6547 2,876804 3,7684 4,2391
390 1,4987 3,9367 5,1827 6,8621 7,6355
400 3,1741 5,5087 7,5731 8,3449 10,9008

The natural frequencies dependence of reservoir shell without imperfections on the constant
component of the parametric load z, was showed in Fig. 3.
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Fig. 3. Natural frequencies dependence of the perfect shell on the constant component of the parametric load z,

The deformation forms of the perfect shell when the constant component of the parametric load
2, =300kN was applied and when the firth natural frequency was zero v, =0 were presented in

Fig. 4.

The first ten natural frequencies v; of reservoir shell with modelled imperfections (6 =0,2/ ) were

showed in Tab. 3.




ISSN 2410-2547 61
Onip matepiaiis i Teopis ciopy/Strength of Materials and Theory of Structures. 2024. Ne 112

(b)

Fig. 4. Deformation forms of reservoir shell without imperfections when z, =300kN (a) and ¥, =0 (b)

Table 3
Natural frequencies of parametric vibrations of reservoir shell with modelled imperfections

205 (6=0,2h) v,,Hz
kN Vi) V3@4) Vs(6) V(8 Vo0

1 15,8312 16,1310 16,6152 17,7874 18,2271
10 15,6647 15,9648 16,4605 17,6352 18,0894
50 14,8970 15,2010 15,7458 16,9400 17,4573
100 13,8636 14,1789 14,7853 16,0232 16,6116
200 11,4431 11,8254 12,5343 13,9856 14,6202
300 8,1077 8,7470 9,3506 11,4262 11,5447
320 7,2060 7,9684 8,4480 10,3002 10,9837
330 6,6882 7,5458 7,9298 9,5997 10,6911
340 6,1442 7,0945 7,3500 8,0237 8,7759
350 5,5232 6,6105 6,6885 7,6847 7,7926
360 4,8105 5,9120 6,08434 6,5804 7,3384
370 3,9551 4,9588 4,993 5,4468 6,5052
380 2,3759 2,5359 2,8328 3,6842 4,8500
384 -167,948 2,0367 2,7911 4,4852 5,5060
390 0,4561 1,3457 3,9327 4,0865 8,3145
396 -148,428 0,4896 3,6427 6,1804 9,1804
400 3,1344 54171 8,3293 8,06429 10,8808

The natural frequencies dependence of reservoir shell with modelled imperfections (6 =0,2/4) on
the constant component of the parametric load z, was showed in Fig. 5.
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Fig. 5. Natural frequencies dependence of reservoir shell with modelled imperfections ( 6 = 0,2/ ) on the constant component of

the parametric load Z,
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The first ten natural frequencies v; of reservoir shell with modelled imperfections (=4 ) were
showed in Tab. 4.

Table 4
Natural frequencies of parametric vibrations of reservoir shell with modelled imperfections

Zo> (6=h) V,,Hz
kN Vi) V3@4) Vs(6) V(8 Vo0

1 15,7633 16,0541 16,4857 17,6865 18,1587
10 15,5939 15,8854 16,3257 17,5318 18,0184
50 14,8126 15,1090 15,5880 16,8250 17,3735
100 13,7583 14,0678 14,5824 15,8913 16,5088
200 11,2739 11,6582 12,2364 13,8080 14,4633
300 7,78211 8,4605 8,7889 11,1347 11,2900
320 6,8081 7,6361 7,7636 9,9421 10,7069
330 5,7554 6,2506 7,1597 7,1840 9,1941
340 5,6229 6,4648 6,6741 6,7028 8,3129
350 4,8934 5,6409 6,1628 7,2493 7,9355
360 3,9795 4,6123 5,5461 5,9386 6,3693
370 2,5235 3,1669 4,0134 4,2608 5,0201
380 1,7703 3,2746 6,4469 8,2635 10,8765
386 -112,306 2,6760 4,6174 8,0853 10,3936
390 0,4714 1,8976 7,8673 9,1900 10,3438
395 0,1368 7,6396 7,7875 9,5285 10,0643
400 -141,010 6,0198 7,3633 8,6408 9,7726

The natural frequencies dependence of reservoir shell with modelled imperfections (6 =/%) on the

constant component of the parametric load z, was showed in Fig. 6.
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Fig. 6. Natural frequencies dependence of reservoir shell with modelled imperfections ( § = 4 ) on the constant component of the

parametric load Z,

The deformation forms of the shell with modelled imperfections when the constant component of
the parametric load z, =300kN was applied and when the firth natural frequency was zero v, =0

were presented in Fig. 7.
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Fig. 7. Deformation forms of the shell with modelled imperfections with §=0,2h (1) and =4 (2) when z, =300kN (a) and

7, =0 (b)

The first ten natural frequencies ¥, of the shell with real imperfections were showed in Tab. 5.

Table 5
Natural frequencies of parametric vibrations of reservoir shell with real imperfections V;,

“0> Hz
kN Y12) Vi) Vs6) V18) Yo10)

1 15,8339 16,1340 16,6216 17,7911 18,2303

10 15,6675 15,9679 16,4665 17,6390 18,0928
100 13,8676 14,1831 14,7935 16,0280 16,6162
200 11,4494 11,8315 12,5464 13,9920 14,6267
300 8,1186 8,75703 9,3719 11,4361 11,5537
320 7,2187 7,9798 8,4735 10,3114 10,9933
330 4,8373 6,7138 7,5577 7,9580 9,6121
340 -47,8951 6,1597 7,1079 7,3819 8,7883
350 5.5406 6,6244 6,7259 7,8068 8,6466
360 4,8305 5,9557 6,0980 6,6004 7,2482
370 3,9790 4,5919 5,0109 5,0150 5,4601
380 2,4360 2,5511 2,8592 3,0923 3,7660
383 -108,875 2,0660 2,9063 4,5095 4,7371
390 0,5116 1,6038 2,6818 7,1133 8,3041
400 3,1696 5,4090 6,7378 8,3443 10,7002

The natural frequencies dependence of reservoir shell with real imperfections on the constant
component of the parametric load z, was showed in Fig. 8.

The deformation forms of the shell with real imperfections when the constant component of the
parametric load z, =300kN was applied and when the firth natural frequency was zero v, =0 were
presented in Fig. 9.
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Fig. 8. Natural frequencies dependence of reservoir shell with real imperfections on the constant component of the parametric
load z,
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Fig. 9. Deformation forms of reservoir shell with real imperfections when z, = 300kN (a) and ¥, =0 (b)

Conclusion. Investigations showed that the real imperfections of shell a little influenced on natural
frequencies and modes of parametric vibrations. These decreased the critical loads on the first natural
frequency on 0,58 % and increased on the second natural frequency shells on 0,79 %, but qualitatively
changed the form of stability loss on these frequencies. Modelled imperfections as the first bifurcation
form of perfect shell under pressure had a greater but not considerable influence on natural frequencies
and modes of the shell. But the modelled imperfections of the shell under constant component of
parametric load considerably increased the critical load on the first and second natural frequency
accordingly on 12,3 % and 5,26 % and changed the shell forms of stability loss. So the modelled
imperfections of the shell in the form of the regular circular half-waves increased shell carrying
capacity, but not decreased. This positive effect takes place at constructing of cylinder shells with
vertical stiffness ribs and using the corrugated rolled sheets.
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Jisynos I1.11., Jlyk ‘anuenxo O.0., Haniii O.M., Kocmina O.B.
BJIACHI YACTOTHU I ®OPMU MAPAMETPUYHUX KOJIUBAHb OBOJIOHKHU PE3EPBYAPY 3
HEJOCKOHAJIOCTSIMA ®OPMU

Po3BUTOK IpOrpaMHOro 3a0e3reueHHst Ha OCHOBI METOJly CKIHYEHHUX €JIEMEHTIB BE/IE 10 IHTEHCHBHOI'O CTBOPEHHS YMCIOBUX
METO/IiB BHPIIICHHS CTATUYHUX 1 JAMHAMIYHMX 3a/lad4 TOHKUX 000IOHOK. CKIHYEHHO-EIEMEHTHA MOJENb TOHKOI OOOJIOHKH Mae
HECKIHYEHHY KUJIbKICTh CTYIEHIB BUIBHOCTI 1 BJIACHUX YacTOT, TOMY PO3B’s3aHHS 3aJadi JMHAMIKH OOOJIOHKM € BaXXKuUM. SIKILO
MOBEJIIHKA BJIACHUX KOJMBaHb OOOJOHKH JIOCIIJDKEHA, TO MOXHA TOBOPUTH IPO BHYTPIIIHI BJACTUBOCTI OOOJIOHKHM, SIKI MalOTh
3HAUCHHs NPU JOCIIKCHHI BUMYIICHUX KOJHBaHb OOONIOHKH, 30KpeMa MapaMeTPUUHKX. BaskiMBO B3sTH /10 yBard BIUIMB CTajol
CKJIaJIOBOI TapaMETPUYHOrO HABAHTA)KEHHS HAa BJIACHI 4acToTW i (opMu KoimBaHb 000nOHKH. Ha Tenepimniid yac GopmyBanHs
MaTeMaTUYHUX MOJENeH MapamMeTpU4HUX KOJIMBaHb OOOJIOHOK 3 HEJOCKOHAicTIO (opMmu Ta BHOiIp HaliHeOe3meyHimoi momei
HEJIOCKOHAJIOCTI 000JIOHOK 3aJIMIIAI0THCS AKTYaJIbHUMU. B cTaTTi JOCHIIHKEHO BIUIMB peasIbHUX 1 3MOZICNIbOBAHUX HEIOCKOHAIOCTEH
dopmu Ha BiacHi yactoTd i (HOpMM NapamMeTPUUHHUX KOJIMBAaHb OOOJIOHKM pe3epByapy, 30Y/KEHUX OCHOBUM HABAHTAKEHHSM, i
BTpary criiikocTi. CKIHYEeHHOENEMEHTHI MoJieli HeocKoHanoi 000s10HKH copmoBaHi y nporpamHomy komriekci NASTRAN.
Henockonaiicts 3M0/i€/b0BaHa Y BUMNIS HUOK4Oi (JOPMHU BTpaTH CTATUYHOI CTIHKOCTI OOOJIOHKHU 3 i1€aJIbHOIO IOBEPXHEIO Bij
MTOBEPXHEBOrO THCKY. PeasnbHi HEeJOCKOHAIOCTI NPE/ICTABIICHO y BUTJIAAI BIIXHIICHb CTIHKM OOOJIOHKHM BiJ| BEPTHUKAI, SIKi OTpUMaHi
3a JIONOMOrOK0 TEO/OITHOI 3HOMKM. BuacHi wacrotu i opMu 0OOJIOHKM 3 pealbHUMHM 1 3MOJIENIbOBAHUMHU HEIOCKOHAIOCTAMHU
oTpuMaHi MerojoM JlaHuoma 3 ypaxyBaHHSM MONEPEJHbOrO HAMPY)XEHOro CTaHy OOOJOHKM Bijg aii cranoi ckiamoBoi
MapaMeTPUYHOr0 HaBaHTAXKEHHS. B pe3ynbrarti JOCIIPKEHHS BHSBIICHO, 110 PeajbHi HEJOCKOHAJIOCTI MaJjio BIUIMHYJIM Ha BIIACHI
4acToOTH 1 OPMH MapamMeTpUYHUX KOJIMBAHb OOOJOHKHU, TAKOK HE3HAYHO 3MEHIIMIIM KPUTUYHI 3HAUCHHS HABAHTAXKEHHS Ha MepIii
BJIACHIH 4acTOTI i 301IbIIMIM HA APYril BiacHii yacToTi 000n0oHKH BianoBigHo Ha 0,58% 1 0,79%, ane npu 1bOMY SKiCHO 3MIHHJIM
(opMy BTpaTH CTIHKOCTI Ha IIMX 4acTOTaX. 3MOJIENbOBaHI HEJOCKOHAJIOCTI 31 3pOCTAHHAM aMILITY/AH 10 OJHOI TOBIIMHU OOOJIOHKH
MaJii OiIbIIMH, aJie He 3HAYHUHN BIIMB HA BJACHI YaCTOTH i (POPMH MapaMeTpUUYHUX KOJIMBaHb. AJie 3MOJIEIbOBaHI HEIOCKOHAIOCTI
NpU BTPaTi CTIHKOCTI OOOJIOHKM TpH Jii cTanoi CKiajoBOi OCLOBOrO HABAHTaXKEHHS 3HAYHO 30UIBLIMIM KPUTHYHI 3HAYCHHS
HaBAaHTa)KCHHs HA TepILil 1 Jpyriit BiacHii yactoTi BinnoBiaHo Ha 12,3% i 5,26% Ta sikicHO 3MiHWIM (OPMU BTPATH CTIHKOCTI
obosionkH. ToOTO 3MoOzENIbOBaHA HEAOCKOHANICTh y BUINIJI PEryIsSpHUX KOJIOBUX IMIBXBHJIb B PajiajibHOMy HANpsIMKY IIpH
0CbOBOMY ITapaMETPUYHOMY HaBaHTA)XCHHI 301IbIIMIIA HECYYy CIIPOMOXKHICT O0O0JIOHKH, a He 3MeHIIa. Llei no3utuBHui edexr
BPAXOBY€ETHCS IPU KOHCTPYIOBAHHI LMIIIHAPUYHUX 000JIOHOK 3 TO(YPOBAHUX JIMCTIB POKATY.

KarouoBi cioBa: o0onoHKa pesepByapy, HEJOCKOHAJIOCTI (OpMH, HMapaMEeTpUYHE HABAHTAXKEHHsS, METOJ CKIHUCHHHX
€JICMCHTIB, MOIAJIbHUI aHaIi3.

Lizunov P.P., Lukianchenko O.O., Paliy O.M., Kostina O.V.
NATURAL FREQUENCIES AND MODES OF PARAMETRIC VIBRATIONS OF RESERVOIR SHELL WITH
SHAPE IMPERFECTIONS

Development of software on the basis of the finite element method led to intensive creation of the numeral methods for the
decision of static and dynamic problems of the thin shells. The finite element model of the thin shell has an infinite number of
freedom degrees and natural frequencies, so solving the dynamics problem of the shell is difficult. If behavior of natural vibrations of
the shell was researched, it is possible to talk about shell internal properties which take a great place at the forced vibrations
including parametric one. It is important to take into account influence of the constant component of parametric load on natural
frequencies and modes of the shell. Nowadays forming of an effective model of parametric vibrations of the shell with shape
imperfections and choice of the most dangerous imperfections model remain relevant. Influence of real and modelled imperfections
on natural frequencies and modes of reservoir shell parametric vibrations excited by axial load and on shell stability loss was
investigated in this article. The finite element models of the shell was formed by software NASTRAN. The modelled shape
imperfections as a lower buckling form of perfect shell under static pressure were presented. The real imperfections as the deviations
of the shell wall from the vertical were obtained by theodolite surveying. The natural frequencies and modes of the imperfect shell
taking into account the its previous stress state from action of the constant component of the parametric load were received by the
Lanczos method. Investigations showed that the real imperfections of shell a little influenced on natural frequencies and modes of
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parametric vibrations. These decreased the critical loads on the first natural frequency on 0,58 % and increased on the second natural
frequency shells on 0,79 %, but qualitatively changed the form of stability loss on these frequencies. Modelled imperfections had a
greater but not considerable influence on natural frequencies and modes of the shell. But the modelled imperfections of the shell
under constant component of parametric load considerably increased the critical load on the first and second natural frequency
accordingly on 12,3 % and 5,26 % and changed the shell forms of stability loss. So the modelled imperfections of the shell in the
form of the regular circular half-waves increased shell carrying capacity, but not decreased. This positive effect takes place at
constructing of cylinder shells from the corrugated rolled sheets.
Keywords: shell, shape imperfections, parametric load, finite element method, modal analysis.
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Jisynoe I1.11., Jlyk’anuenko O.O., [aniti O.M., Kocmina O.B. BaacHi 4yactoru i ¢opmMm nmapaMeTpHyHUX KOJIMBAHb
000JIOHKH pe3epByapy 3 HeloCKOHATocTsIMU opmu // Omip MarepiaiiB i Teopist copya: Hayk.-Tex. 30ipH. — K.: KHYBA,
2024.—Bum. 112. - C. 58-66.

JlocnipkeHO BIUIMB pealbHUX 1 3MOJIENBOBAHUX HEJOCKOHAJIOCTEH (opmMu Ha BiacHi yacToTH i (GopMHM mapaMeTpUuHHUX
KOJIMBaHb OOOJIOHKH pe3epByapy, 30Yy/KEHHX OCbOBUM HABAHTAXKCHHAM, Ta BTpary cTilikocTi. CKIHYEHHOENEMEHTHI Mozeni
o0osoHkn cdopmoBani y nporpamHomy kKommuiekci NASTRAN. HenockoHanicTh 3MozeiboBaHa y BUIVIAI HUXKUOI (Bopmu
BTpAaTH CTATUYHOI CTIHKOCTI JOCKOHAI01 00OJIOHKH Bijl TOBEPXHEBOrO THCKY. PeasbHi HEOCKOHAIOCTI PEACTABIICHO Y BUTIIAIL
BIJIXMJICHb CTIHKM OOOJIOHKM BiJi BEpPTHKaJi, SIKi OTpMMaHi 3a JIOMOMOIOI TEOMONITHOI 3iomMku. BiacHi wacrot i dopmu
00OJIOHKH 3 pEaJbHUMM 1 3MOJEIbOBAHMMH HEIOCKOHAIOCTAMH (OpMHM OTpUMaHi MeTozoM JlaHLoma 3 ypaxyBaHHSIM
HOTEPEIHBOT0 HAIPYKEHOTO CTaHy 00OJIOHKH Bif Ail CTa0i CKiIa0BOi MapaMeTPUYHOTO HABAHTAXKCHHS.

Tabu. 5. In. 9. bibaiorp. 16 Ha3s.
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Lizunov P.P., Lukianchenko O.O., Paliy O.M, Kostina O.V. Natural frequencies and modes of parametric vibrations of
reservoir shell with shape imperfections // Strength of Materials and Theory of Structures. —2024. — Issue. 112. — P. 58-66.
Influence of real and modelled imperfections on natural frequencies and modes of reservoir shell parametric vibrations excited
by axial load and on the shell stability loss was investigated. The finite element models of the shell was formed by software
NASTRAN. The modelled shape imperfections as a lower buckling form of perfect shell under static pressure were presented.
The real imperfections as the deviations of the shell wall from the vertical were obtained by theodolite surveying. The natural
frequencies and modes of the imperfect shell taking into account the its previous stress state from action of the constant
component of the parametric load were received by the Lanczos method.

Tab. 5. Fig. 9. References 16 items.
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